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Abstract
A central question in evolutionary biology concerns the transition between discrete numbers of units (e.g. vertebrate digits,
arthropod segments). How do particular numbers of units, robust and characteristic for one species, evolve into another 
number for another species? Intermediate phases with a diversity of forms have long been theorized, but these leave little
fossil or genomic data. We use evolutionary computations (EC) of a gene regulatory network (GRN) model to investigate
how embryonic development is altered to create new forms. The trajectories are epochal and non-smooth, in accord with 
both the observed stability of species and the evolvability between forms.
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1. Introduction
Biological species can generally be distinguished by their unique physical shapes. These shapes are created 
through developmental processes, from the fertilized egg to the adult form. Development is guided by the
unique genetic signature of a species, but the genetics must operate within physical and chemical constraints,
such as tissue mechanical properties, reaction rate laws and molecular transport properties. In addition,
organisms develop within an environment and must be robust to environmental perturbations, i.e. produce
reliable outcomes despite variable conditions.
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Robustness, however, must be balanced against evolvability: extreme robustness could produce very stable 
being continuously subjected to mutation, 
adaptation to new or changing environmental conditions. 
The developmental programme of a species is governed not only by the DNA sequences of its genome, but 
by the gene regulatory networks (GRNs) governing the dynamics of how, when and where genes are expressed 
in developing organisms to create specific cell types. These networks are created by highly interconnected 
gene-gene interactions, which are characterized by a great deal of feedback and nonlinearity.  
Evolution from one form or species to another frequently involves mutations which alter the GRNs 
controlling particular stages or events in development. Understanding evolution, therefore, ultimately requires 
an understanding of the dynamics of GRNs: how they spatially and temporally control gene expression to 
create developmental tissues; how they are made robust to environmental perturbations; and how mutation can 
drive the development of new patterns of gene expression to create new forms and species. 
A specific aspect of how forms evolve from one to another is how discrete numbers of structures change 
from one to another. For instance, it is common to see differences between species in numbers of structures 
such as vertebrate digits, body segments in arthropods, or wing spots in butterflies. What is the evolutionary 
process through which these numbers of units change? How is it that we observe discrete changes in unit 
number, despite small or incremental changes in the genetics? To address this question, both the response of 
the GRNs to environmental stress and the inherent variability in GRN dynamics must be considered. It is 
insufficient to think of the genome as an isolated encoding of traits or forms.  
In pioneering work, Goldschmidt, Waddington and others began to consider how genetically similar 
offspring could respond slightly differently to environmental stress. One of the examples Waddington [1] 
studied was the bithorax-like response to environmental stress seen in fruit flies (Drosophila; Fig. 1A). Flies 
are normally dipteran (2-winged), but in response to environmental stress (e.g. ether treatment), some (not all) 
offspring develop repeated thoracic segments, producing 4 wings. Such an environmentally caused phenotype, 
mimicking changes typically seen under genetic mutation, is termed a phenocopy. Waddington [1, 2 ,3 ] 
developed a theory that if such phenocopies conferred a selective advantage (had higher fitness) in the 
environment (especially in a changing environment), mutations in the genomes of their descendants might 
points the new developmental process would come to produce the new trait with high reproducibility, or 
[4]). It has been a matter of debate 
ead 
to rapid development of highly fit new forms and species (see review [5]). 
Since these ideas were first developed, a huge amount of work has gone into understanding evolutionary 
processes in molecular terms. It is becoming increasingly well understood how the evolution from species to 
species depends on changes in GRN architecture and regulatory dynamics (which genes affect which other 
genes, and how they do so). A great deal of this work is comparative  studying the relations between genomes 
in related species. But a newer and complementary approach is to simulate the evolution of GRN models. This 
approach has the advantage of being able to explore the evolutionary dynamics in time; for instance, it allows 
for exploring the role of transitory forms which may not have a fossil record or a presently available genome.  
In the present work we develop a framework for modelling GRN evolution, especially focusing on the 
transitions between discrete numbers of units. We develop the approach on the biologically well-characterized 
system, in terms of molecular and comparative biology, of anterior-posterior (AP) segmentation of the 
arthropod body; but the technique should be applicable to GRN evolution in general. Development of AP 
arthropod pattern depends on mole
Drosophila, which we focus on, the primary maternal signal is of the Bicoid (Bcd) protein, which emanates 
from an anterior-high distribution of mRNA. Bcd is a transcriptional regulator, binding DNA in the nuclei of 
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the embryo, and activating embryonic segmentation genes (so called gap genes), which form broad domains of 
expression. Different gap genes are activated at different Bcd concentrations, spatially organizing the AP axis 
(Fig. 1B). Bcd is a classic example of a morphogen gradient in developmental biology [6], in which a 
concentration profile specifies positional information in the embryo (early development of this idea was due to 
Wolpert [7, 8]; retinoic acid is another classic morphogen, found widely in vertebrate development [9, 10]). 
 
 
Fig. 1. (A) Environmental stress can cause sudden changes in the body plan of flies, and the response varies between flies, with some 
appearing unaffected (2 wings) and some undergoing discrete changes in number of structures (4 wings). (B) AP segmentation in 
Drosophila. Left (green), Bcd forms an anterior high gradient. Bcd is a transcriptional regulator which activates expression of embryonic 
segmentation genes (gap genes). Gap genes, in turn, control downstream gene expression, positioning the body segments. Bcd is highly 
variable, and normal development requires the gap GRN to form reliable pattern despite this variability. In pathological, non-robust cases 
(bottom) extreme Bcd gradients would cause non-normal gap patterns, affecting the number of segments. As shown (right), segment 
n from a 
mutation). 
A number of studies have focused on the robustness of the trunk gap genes (see Fig. 1B) to Bcd variability 
[11,12,13,14,15,16,17,18]. Within such a specific GRN, one can begin to ask some of the broader questions 
raised above: if the gap GRN is robust to Bcd variability, how has this allowed it to adapt over evolutionary 
time; and by what means do robust GRNs evolve? 
Here, we focus on gap patterning in the head region. The diversity of arthropod head segments is rooted in 
the diversity of the number of gap gene expression domains in the head. How does a distinct, robust number of 
head segments in a particular species evolve into a different distinct, robust number of segments in a derived 
species? How is robustness affected during this evolutionary transition? Do multiple forms co-exist? 
Reductions in the number of head segments have occurred in arthropod evolution [19]. We are interested in 
simulating how these transitions might have occurred. The detailed data available for head gap gene expression 
in Drosophila makes it the best choice for developing a head GRN model; but once formulated, we use the 
model to study arthropod head evolution in general. 
Instead of a general environmental stress, in this work we focus on the well quantified variability of the Bcd 
gradient. In this case, the different, intermediate forms would be in response to very high or very low Bcd 
gradients experienced by embryos (as in Fig. 1B). In dynamic terms, Bcd gradient level would control 
bifurcations in the GRN solutions, producing different head gap patterns. GRNs which can produce variable 
outcomes can be highly evolvable, by producing alternate forms which may have increased fitness to a 
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produce the new form without the environmental stress (or gradient variability). With simulations we can track 
robustness through such an evolutionary transition; in particular, does robustness go through a minimum in the 
transitional phase, illustrating the trade-off between evolvability and robustness? 
Fig. 2 shows expression for 3 head gap genes that are key for development of the fly head [20,21,22,23,24]: 
knirps (kni);  (cnc) and empty spiracles (ems). These genes correspond to the 3 genes in our 




Fig. 2. Expression of three key genes involved in early patterning of the fruit fly head:  (cnc) (A); knirps (kni) (B); and 
empty spiracles (ems) (C). Red arrows highlight the expression domains (peaks) which we model. Data courtesy of the BDTNP 
(http://bdtnp.lbl.gov/Fly-Net/bioimaging.jsp). The images are made by the PointCloudXplore software (http://bdtnp.lbl.gov/Fly-
Net/bioimaging.jsp?w=pcx ). Colour intensity corresponds to the amount of gene product (RNA); the horizontal axis is centred at the 
anterior pole, extending right and left to the posterior of the embryo; the vertical axis is dorsal-ventral position. 
In this work, we combine the dynamics of a maternal morphogen with those of three downstream genes into 
a reaction-diffusion (RD) model. This class of models has been studied since the time of Turing [25] for their 
ability to spontaneously form spatial patterns. Here, we use the RD system to model pattern formation, and then 
subject it to evolutionary computations to simulate biological evolution. We develop the model on the 
particular case of fly head segmentation, but the approach applies to the general question of how evolutionary 
transitions between discrete numbers of units occur. 
RD pattern formation is a well-developed field in its own right, but in this project we use it within the 
context of the computer science field of evolutionary computations (EC). This fits within the emerging area of 
systems biology known as evolution in silico [26,27,28,29], in which genetic algorithms (and other EC 
techniques) are used for optimizing GRN models and simulating network evolution.  
With simulations on this relatively small GRN, we are able to quantify network robustness (to maternal 
gradient variability) and to observe how robustness changes through evolutionary transitions which change the 
number of units. This gives insight into the network dynamics which produce both the robustness of particular 
species and the evolvability which allows for new forms and species.  
2. Methods and Approaches 
The RD model in this paper was originally developed by Shvartsman and co-authors [30,31,32] for 
development of respiratory appendages in the Drosophila egg; specifically, to understand how the number of 
appendages is limited to 2 in wild-type flies. RD models have long been studied for their ability to 
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spontaneously form spatial patterns for particular values of reaction parameters (e.g. controlling the rates of 
interaction between two or more patterning chemicals) and diffusion parameters [25]. Pattern formation in
classical Turing systems depends on differential diffusivities between the patterning chemicals, or what has
- -Shvartsman model is capable of this type of 
pattern formation, though the original authors used it in a parameter regime which did not require the diffusive
instability for pattern formation.) Here, we use the Muratov-Shvartsman mechanism to model head patterning,




In this system of PDEs (partial differential equations) A, B, and C are proteins; coded by genes a, b, and c. The
proteins are diffusible transcription factors, which would biologically affect the other protein concentrations by 
acting on the corresponding genes. x is the spatial coordinate, centered at the anterior pole of the embryo; t is
time. {X} is a sigmoidal function {X}=X2/( X2+1)
respectively). Transcription factors A, C and M act as activators, while B is a repressor.
The maternal gradient M is specified as a time-invariant spatial gradient, centred and maximal at the anterior 
pole. We represent M by a Gaussian function (see [30]):
(4)
To study the effect of M variability on GRN solution robustness, we vary M by 
(5)
where k is the number of M profiles used for each GRN (k=4 in this paper) and . This creates 4 M
profiles, with maxima ranging from 0.55 to 0.61 arbitrary units (about 11% relative change; see Fig. 3A,B).
This variability is sufficient to study robustness, but is lower than some observed variability levels 
[11,12,15,16,33]. Robust GRN solutions are those which produce the same pattern (specifically, number of 
peaks) over this range of M input gradients (Fig. 3D,F).




Numerical integration of the RD model: The PDE model (eqns. (6-8)) was integrated by spatial
discretization into cells; in each of the 100 cells the continuous system becomes a set of finite difference
equations, solved by the standard Euler method. RD models can be computationally expensive, with small time
steps frequently needed to maintain stability. This can be challenging for evolutionary searches. We found that 
50,000 time steps for each t = 0.0005) gave a good balance between calculation costs and 
achieving stable patterns.
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Implementation of the evolutionary search: The model (6-8) has 10 parameters; the aim of the EC is to find 
particular parameter sets that produce the desired spatial pattern (the PDE system (6-8) solution) despite 
variability in the maternal gradient M. Examples of such patterns are shown in Fig. 3 D,F. Using a standard GA 
(Genetic Algorithms) approach, each trial parameter set was represented by a floating-point chromosome 
(array), with each floating-point element corresponding to a particular value of a given parameter in the model. 
Initial population: The computational population was usually 400 species (parameter sets). Instead of 
beginning from a standard random collection of parameter sets, we started from parameter sets known from 
[31, 32, 32] to produce desired patterns. We then generated populations from these through small random 
increments or decrements to one (or more) of the parameter values.  
Mutations: During the evolutionary searches, parameters were changed one at a time (simple GA mutation). 
Crossover, in which multiple elements of a chromosome are changed per generation, was not used. Mutations 
produced small inheritable adjustments of the RD-model parameters. In theoretical terms, the EC searches are 
through a 10-dimensional parameter space, which is likely to be multi-stable (see Shvartsman analysis). Most 
parameter changes would be expected to yield little change, but those which crossed boundaries between 
different stable states could produce large quantitative pattern changes. In this paper, we performed an 
evolutionary search on only two parameters,  x0 (eq. 
4, spatial scaling of the M gradient). The other 8 parameters were kept fixed. 
Evaluating the solutions: A common strategy for reverse engineering gene networks is to evaluate model 
solutions by the sum of squared differences from the desired patterns (i.e. experimental data; [e.g. 34]). In the 
present work, however, we were interested in the number (count) of broad expression domains, and this is not 
properly captured by a difference summed from every position (cell). In other words, we did not want to 
evaluate the shifting of the expression domains: their count is important, but not their exact positions. In 
particular, our aim was to find profiles with two or four domains but with freedom to shift position (while 
-
- sion, a single domain (peak) will show a 
steep rise (minimum to maximum) followed by a steep drop (maximum to minimum). For two domains, there 
are two such pairs of up and down slopes. We devise an evaluation measure in which each such pair of up and 
down slopes adds a predetermined score value of N (=20 in this paper). In this work, we only use the profile of 
than 40% of the global maximum.  
To investigate the robustness (or non-robustness) of particular parameter sets of eqns. (6-8), we solve each 
parameter set with 4 different M gradients (shown in Fig. 3B). Each solution is scored, and a composite score is 
calculated as the sum of these individual scores. Robust parameter sets produce the same number of domains 
(peaks) for all four M gradients (while the exact heights and positions of the profiles can vary, see Fig. 3D,F). 
Non-robust cases might produce, for example, 4-domain solutions with the lowest M gradient, 2-domain 
solutions with the highest M gradient, and 3-domain solutions with intermediate M gradients (see Fig. 4).  
GRN evolution in silico: As described above, parameter sets were encoded in floating-point chromosomes, 
and these were altered to form a varied initial population. Each parameter set in the population was solved 
numerically and scored according to the number of domains produced. An average score was then calculated 
for all the chromosomes. A portion (25%) of the chromosomes with worse-than-average scores were replaced 
by randomly-chosen chromosomes with better-than-average scores. Offspring underwent a standard mutation 
operation, changing one or more of the chromosome values. The complete generation cycle of PDE solution, 
scoring, replacement of below-average chromosome sets, and mutation was repeated until the score converged 
above a set threshold. This typically took 100  200 generations. The model was implemented in Delphi 
(Windows) and Free Pascal (Linux). The source code is available from the authors upon request. 
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3. Results and discussion 
In this work, we focus on 4-domain to 2-domain evolutionary transitions. These numbers are applicable to 
head segmentation and other developmental phenomena, but our main aim is to present a framework for the 





























Fig. 3. Behavior of the reaction-diffusion system (eqns. 6-8). A, B) input M gradients: A) an ideal non-varying M gradient; B) the more 
realistic case of varying M input, representing the different maternal gradients that different embryos experience. C, E) solutions which are 
non-robust to changes in the M gradient: C) 2-domain solution with a low M gradient; E) 4-domain solution with a high M gradient. D, F) 
Solutions which are robust to M variability: D) stable 2-domain solutions, despite a range of M inputs; F) stable 4-domain solutions, 
despite a range of M inputs. M is specified by eqs. (4-5), with X0=2.92, M_0=0.8. 
3.1. Modeling evolution: from 4-domain to 2-domain patterns 
Initial population: Starting from a 4-domain pattern robust to M variability (Fig. 3F; magnitude of M 
variability shown in Fig. 3B), we are interested in studying the evolutionary transition to 2-domain patterns. x0 
and  parameters were varied as described to create a population of individual parameter sets. Individuals were 
scored on the number of domains (peaks) produced (each domain adding 20 to the total score, see Methods). 
For instance, each 4-domain pattern costs 80, so summing over all 4 input M profiles, an initial robust 4-
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as 40, a robust 2-domain solution has a total score of 40+40+40+40=160 (see Fig. 3D). The aim of the 
evolutionary search is to find trajectories which take the initial score of 320 and reduces it to 160.  
Selection: In successive generations, individuals continued to be mutated by small increments/decrements in 
the x0 and  parameters. Mutant solutions which produced 2-domain patterns gained selective advantage by 
lowering their scores.  
Representative case of in silico evolution: There is enough diversity in the initial population that there is 
frequently one (or more) individual with score lower than 320 (i.e. it already has at least one or two 3-domain 
profiles or even a 2-domain one). Early into an evolutionary experiment mutations start to create non-robust 
individuals, in which 4- 3- and 2-domain patterns (examples shown in Fig. 4) are produced by the range of 
input M profiles. Though they produce variable responses to the M gradients, such individuals (GRNs) are at a 
selective advantage due to their reduction of peak number. Continued evolution produces robust 2-domain 
individuals (in which 2-domain solutions are achieved for all 4 M gradients, Fig. 3D).  
The simulations show the feature of evolutionary epochs (also reported in other studies with evolution in 
silico [e.g. 35]): long times pass with very slow (or even no) changes to the population, punctuated by bursts of 
new forms. For example, a first sudden jump can be seen when the evolutionary search finds the score of 
80+80+40+40 (corresponding to two M profiles producing 4-domain solutions and two M profiles producing 2-
domain solutions). Some time later, solutions appear with, for example, one 4-domain, one 3-domain and two 
2-domain patterns. The next evolutionary jump finds solutions with scores of 80+40+40+40, and so on. Epochs 















Fig. 4. Non-robustness of spatial patterns of the reaction-diffusion model (6-8) to variability of the external input (profile of factor M; 
Fig. 3B). (A - D) the diversity of patterns induced by the M profile variability. 
With a cost associated with domain number, our computational experiments on the RD model can produce 
rapid evolution which changes discrete units of the body plan. We are specifically interested in embryo 
segmentation, but the model could easily be applied to other cases of arthropod (generally) and insect 
(particularly) morphogenesis.  
Interestingly, simulations of the reverse evolutionary process, from 2- to 4-domain solutions (optimizing 
fitness to a score of 320), look and behave very much like the forward 4-to-2 transition. Overall, the 
computations can explain not only a decrease in the number of pattern elements through evolution, but also 
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These simple dynamic evolutionary models capture some of the crucial features expected by evolutionary 
biologists for developmental mechanisms [e.g. 36 ]. In particular, these computational experiments show 
transitional and highly variable patterns which connect old and new robust patterning processes. 
4. Conclusions 
Using evolutionary computations on a model for spatial pattern formation, we have been able to follow the 
dynamics of transitions between discrete numbers of units. Though the model has been developed for the 
evolution of head segmentation in flies, we address the general problem of how a developmental GRN which 
robustly produces a particular number of units in a particular species evolves to create a new form or species 
with a different number of units. We have focused on a fundamental type of developmental robustness: the 
ability of a pattern forming GRN to produce the same patterns despite variable inputs from signaling gradients 
(in our case, maternal positional information gradients, such as Bcd). Our simulations show that GRNs robust 
to a particular number of peaks (e.g. 4) can evolve to new number-of-unit solutions if fitness conditions change 
(e.g. 2 domains become more fit than 4; which could arise from a change in environment). Our simulations 
eventually become robust to variable gradient input with the new fitness criteria, but we were quite intrigued 
 of intermediate forms  a by-definition non-
robust state. However, in terms of the earlier ideas of Waddington and others, the ability of a GRN to produce 
simulations indicate that a diversity of forms can be a natural part of optimizing GRNs to new fitness criteria to 
achieve a new ro
appearance/disappearance of forms or species. Our model, therefore, prese
37], with discrete jumps between species forms rather than a gradualist 
approach.  
Acknowledgements 
This work was supported by the Joint NSF/NIGMS BioMath Program, 1-R01-GM072022, the National 
Institutes of Health, 2R56GM072022 and 2-R01-GM072022, and CRDF RUB1-33054-ST-12. 
References 
                                                          
 
[1] Waddington C.H. Genetic assimilation of the bithorax phenotype. Evolution 1956;10:1-13. 
[2] Waddington C.H. Genetic assimilation of an acquired character. Evolution 1953;7:118-126. 
[3] Waddington C.H. Canalization of development and the inheritance of acquired characters. Nature 1942;150:563-565. 
[4] Gould S.J. The Return of Hopeful Monsters. Natural History 1977;86:22-30. 
[5] Chouard T. Evolution: Revenge of the hopeful monster. Nature 2010;463(7283):864-867. 
[6] Driever W., -Volhard C. The bicoid protein determines position in the Drosophila embryo in a concentration-dependent 
manner. Cell 1988;54:95-104. 
[7] Wolpert L. Positional information and the spatial pattern of cellular differentiation. J Theor Biol 1969;25:1-47. 
[8] Wolpert L. Principles of development, 2nd ed. Oxford University Press; 2002. 
[9] Tickle C, Alberts BM, Wolpert L, Lee J. Local application of retinoic acid in the limb bud mimics the action of the polarizing region. 
Nature 1982;296:564 565. 
1371 Alexander V. Spirov and David M. Holloway /  Procedia Computer Science  18 ( 2013 )  1362 – 1371 
                                                                                                                                                                                   
 
[10] Schilling TF, Nie Q, Lander AD. Dynamics and precision in retinoic acid morphogen gradients. Curr Opin Genet Dev 
2012;22(6):562-569. 
[11] Houchmandzadeh B, Wieschaus E, Leibler S. Establishment of developmental precision and proportions in the early Drosophila 
embryo. Nature 2002;415:798-802. 
[12] Houchmandzadeh B, Wieschaus E, Leibler S. Precise domain specification in the developing Drosophila embryo. Phys Rev E 
2005;72:061920. 
[13] Aegerter-Wilmsen T, Aegerter CM, Bisseling T. Model for robust establishment of precise proportions in the early Drosophila 
embryo. J Theor Biol 2005;234:13-19. 
[14] Howard M, Rein ten Wolde P. Finding the center reliably: robust patterns of developmental gene expression. Phys Rev Lett 
2005;95:208103. 
[15] Holloway DM, Harrison LG, Kosman D, Vanario-Alonso CE, .Spirov AV. Analysis of pattern precision shows that Drosophila 
segmentation develops substantial independence from gradients of maternal gene products. Dev Dyn 2006;235:2949-2960. 
[16] Lott SE, Kreitman M, Palsson A, Alekseeva E, .Ludwig MZ. Canalization of segmentation and its evolution in Drosophila. Proc Nat 
Acad Sci USA 2007;104:10926 10931. 
[17] Tostevin F, Rein ten Wolde P, Howard M. Fundamental limits to position determination by concentration gradients. PLoS Comp Biol 
2007;3:e78. 
[18] Gregor T, Tank DW, Wieschaus EW, Bialek W. Probing the limits of positional information. Cell 2007;130:153 164. 
[19] Ax P. Multicellular Animals: The Phylogenetic System of the Metazoa. 2. Berlin: Springer; 2000. 
[20] -  M., Rothe M., Wimmer E.A., Taubert H., .Jackle H. Redundant functions of the genes knirps and knirps-related for 
the establishment of anterior Drosophila head structures. Proc Natl Acad Sci USA 1994;91:8567-8571. 
[21] Mohler J., Mahaffey J.W., Deutsch E., Vani K. Control of Drosophila head segment identity by the bZIP homeotic gene cnc. 
Development 1995;121(1):237-247. 
[22] Walldorf U., Gehring W.J. Empty spiracles, a gap gene containing a homeobox involved in Drosophila head development. EMBO J 
1992;11(6):2247-2259. 
[23] Crozatier M, Valle D, Dubois L, Ibnsouda S, Vincent A. Head versus trunk patterning in the Drosophila embryo. collier requirement 
for formation of the intercalary segment. Development 1999;126:4385-4394. 
[24] Grossniklaus U, Cadigan KM, Gehring WJ. Three maternal coordinate systems cooperate in the patterning of the Drosophila head. 
Development 1994;120(11):3155-3171. 
[25] Turing, AM, The chemical basis of morphogenesis. Phil Trans R Soc Lond B 1952;237:37-72. 
[26] Francois P, Hakim. Design of genetic networks with specific functions by evolution in silico. Proc Nat Acad Sci USA 2004;101:580-
585. 
[27] Paladugu SR, Chickarmane V, Deckard A, Frumkin JP, McCormack M, Sauro HM. In silico evolution of functional modules in 
biochemical networks. Syst Biol (Stevenage) 2006;153(4):223-235. 
[28] ten Tusscher KH, Hogeweg P. Evolution of Networks for Body Plan Patterning; Interplay of Modularity, Robustness and Evolvability. 
PLoS Comput Biol 2011;7(10):e1002208. 
[29] Spirov A., Sabirov M., Holloway DM. In silico evolution of gene co-option in pattern-forming gene networks. ScientificWorldJournal 
2012;2012:560101. 
[30] Shvartsman SY, Muratov CB, Lauffenburger DA. Modeling and computational analysis of EGF receptor-mediated cell 
communication in Drosophila oogenesis. Development 2002;129(11):2577-2589. 
[31] Muratov CB, Shvartsman SY. An asymptotic study of the inductive pattern formation mechanism in Drosophila egg development, 
Physica D, Nonlinear Phenomena 2003;186(1-2):93-108. 
[32] Pribyl M, Muratov CB, Shvartsman SY. Transitions in the model of epithelial patterning. Dev Dyn 2003;226(1):155-159. 
[33] He F, Wen Y, Deng J, Lin X, Lu LJ, Jiao R, Ma J. 2008; Probing intrinsic properties of a robust morphogen gradient in Drosophila. 
Dev Cell 15(4):558-567. 
[34] Manu, Surkova S, Spirov AV, Gursky VV, Janssens H, Kim A-R, Radulescu O, Vanario-Alonso CE, Sharp DH, Samsonova M, 
Reinitz J. Canalization of Gene Expression in the Drosophila Blastoderm by Gap Gene Cross Regulation. PLoS Biol 2009;7(3):e1000049. 
doi:10.1371/journal.pbio.1000049 
[35] van Nimwegen E, Crutchfield J. P., Mitchell M. Finite Populations Induce Metastability in Evolutionary Search. Physics Letters A 
1997;229:144-150. 
[36] McLaren A. Signalling for germ cells. Genes Dev 1999;13:373 376. 
[37] Eldredge, N., Gould S. J. Punctuated equilibria: an alternative to phyletic gradualism, In T.J.M. Schopf, ed. Models in Paleobiology. 
San Francisco: Freeman Cooper; 1972, p. 82-115. 
